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Abstract . In this paper we completely determine the 
first digit and the trailing digit of every term in the 
Smarandache deconstructive sequence. 
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The Smarandache deconstructive sequence is constructed 
by sequentially repeating the digits 1,2....9 in the 
following way: 
(1) 1,23,456,7891...., 
which first appeared in [1]. For any positive integer 7, 
let SDS(n) be the n-th element of the Smarandache 
deconstructive sequence . Further , let F(m) and T (n) denote 
the first digit and the trailing digit of SDS(n) 
respectively . In this paper we completely determine F, (n) 
and T(n) for any positive integer m. We prove the 
following result . 

Theorem.For any n,we have 


» it n = 0,1 (mod9), 
2, won = 2,5,8(mod9), 
(2) Fin) | 4, if n = 3,7 (mod9), 
7, if n = 46 (mod9), 

and 
1, wf mn = 1,47 (mod9), 
(3) Ti=) 3, if nm = 2,6 (mod9), 
6, if n = 3,5 (mod9), 
9, if nm = 0,8 (mod9). 
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Proof.By (1),we get 
| n?.n 


(4) Fin) = 142+--+(@-1)+1 = +1 (mod9). 

let a be a_ positive imteger with 1S a S9.we see 
from (4) that Fi(=a if and only if 7m is a_ solution 
of the congruence 


n*-n 
(5) 


Notice that (5) has only solutions 

0,1 (mod9), if al, 

2,5,8 (mod9), if a=2, 
(6) n=) 3,7 (mod9), if a=4, 

4.6 (mod9), if a=7. 
Therefore, we obtain (2) by (6) immediately. 
On the other hand, since 

Fartl), if F@rtl)>1, 

T(n)= { 
9, 


=a-] (mod9). 


(7) 

wf Ferl=1, 
we see from (2) that (3) holds . Thus , the theorem is 
proved . 
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